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SUMMARY

An e$cient analytical method for calculating the propagation delay and the short-circuit power dissipation of CMOS
gates is introduced in this paper. Key factors that determine the operation of a gate, such as the di!erent modes of
operation of serially connected transistors, the starting point of conduction, the parasitic behaviour of the short-
circuiting block of a gate and the behaviour of parallel transistor structures are analysed and properly modelled. The
analysis is performed taking into account second-order e!ects of short-channel devices and for non-zero transition time
inputs. Analytical expressions for the output waveform, the propagation delay and the short-circuit power dissipation are
obtained by solving the di!erential equations that govern the operation of the gate. The calculated results are in excellent
agreement with SPICE simulations. Copyright ( 1999 John Wiley & Sons, Ltd.
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1. INTRODUCTION

E$cient design of digital integrated circuits requires tools that can perform accurate and fast timing and
power simulations. Generally, accurate simulations are obtained by means of simulators such as SPICE
which are based on numerical methods for the solution of the di!erential equations that describe the
operation of a circuit. However, numerical methods are very slow and their use for multi-million transistor
designs is practically impossible. For this reason, research is being conducted on the modelling of integrated
circuits in order to extract analytical expressions for the propagation delay and power dissipation of CMOS
gates, which are much faster than numerical methods and close to SPICE accuracy.

During the last decade much e!ort has been devoted to the investigation of the CMOS inverter and
analytical expressions for its performance have been obtained.1}5 However, research results on more
complicated gates such as NAND/NOR gates are rather poor because of the intrinsic di$culties in analysing
complex structures such as the transistor chain. All previously reported e!orts can be divided in two main
groups according to the approach that has been followed.

In the "rst group are all attempts that are trying to employ the analytical expressions for the inverter and
are based on the hypothesis that every CMOS gate can be collapsed to an equivalent inverter which has the
same performance. The accuracy of this approach is limited, mainly due to the fact that collapsing serially
connected transistors to an equivalent transistor fails to model accurately the behaviour of the chain.
Nabavi-Lishi and Rumin6 introduced a method for replacing NAND/NOR gates by an equivalent inverter
using a collapsing technique which aims to the extraction of an equivalent transistor of serially connected
transistors but ends up in the conventional width reduction (i.e. the equivalent transistor width is equal to the
width of a transistor in the chain reduced by the number of the transistors,=

%2
"=/n) and presents large

errors. A more e$cient method for collapsing the transistor chain to an e!ective single equivalent transistor
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has been presented recently in Reference 7. Applying the nth power law for submicron devices, Sakurai and
Newton8 developed expressions for a CMOS inverter and extension to gates was made either by "tting
models to all possible compound I}< curves of the transistor chain in order to extract the corresponding
e!ective parameters or by proposing a delay degradation factor. In the same way, Daga et al.9 developed
their analysis for an inverter macro-model and gates were treated by de"ning an equivalent drivability factor
using simpli"ed assumptions for the operation of the transistors in the chain.

The second approach corresponds to a fully mathematical analysis of the operation of the gate structure
based on the fact that within a transistor chain all transistors except for the one which is attached to the
output node, operate always in the linear region. Based on this observation, in References 10 and 11 the
di!erential equations at the nodes of a transistor chain have been solved by replacing the non-saturated
devices by equivalent resistors. However, resistors fail to reproduce the dynamic behaviour of the non-
saturated transistors and furthermore these methods were developed for quadratic long-channel current
models and for ideal step inputs which result in signi"cant deviations from the real performance where the
applied inputs have non-zero transition time.

Shih and Kang in Reference 12 presented a fully mathematical solution of general MOS circuit
primitives and in Reference 13 a tool named ILLIADS has been developed on this solution. How-
ever, this method is based on quadratic form current models such as the Shichman}Hodges model and
therefore depends on their de"ciencies. Moreover, serially connected transistors are collapsed to an equiva-
lent transistor using a conventional simple width reduction, resulting in limited accuracy. An improved
method has been presented in Reference 14 where current expressions for short-channel devices are
transformed to the required quadratic form expressions. However, their analysis requires the solution of
non-linear algebraic equations in order to obtain the time point of region crossings, thereby making the
method ine$cient.

An e$cient and accurate method for modelling CMOS NAND/NOR gates is introduced in this paper.
According to the proposed analysis parallel transistor structures are replaced by a single equivalent
transistor with its width equal to the width of one of the parallel transistors multiplied by their number (for
equal transistor widths). Then, two cases are considered according to the role of the transistor chain in the
gate operation. When the chain drives the conducting current which charges or discharges the output load,
i.e. during discharging of the output load of a NAND gate, the operation of the gate is accurately captured by
solving the corresponding di!erential equations taking into account the mode of operation of each transistor
in the chain and without the simplifying approximations of previous approaches. When the transistor chain
acts parasitically, i.e. during charging of the output load of a NAND gate, the transistor chain is modelled by
a single equivalent transistor and an equivalent coupling capacitance. In this way the gate diminishes to an
equivalent inverter and the well-known analytical expressions for the inverter can be employed. The
proposed method is developed for non-zero transition time inputs and for short-channel devices. The key
factors that determine the output response and the dissipated power such as the plateau voltage, the starting
point of conduction and the form of the voltage waveforms at the internal nodes of a gate are considered and
properly modelled. More complex gates can be treated by collapsing them to the equivalent NAND/NOR
gate according to the method developed in Reference 15 while the problem of misaligned inputs can be
handled using the input mapping algorithm presented in Reference 16. It should be mentioned that the
proposed method has been developed for purely capacitive loads. This is reasonable since in the case of large
interconnect loads the driving gate is usually a bu!er and not a NAND/NOR gate. The "eld of CMOS gates
driving RC interconnect loads needs further investigation and some previous works can be found in
References 17}19.

The gate operation when the transistor chain drives the conducting current is described in Section 2 while
in Section 3 the time point when the gate starts conducting is calculated. The output voltage expression is
obtained by solving the corresponding di!erential equations in Section 4. The parasitic behaviour of the
transistor chain is modelled in the next section and in Section 6 the short-circuit power dissipation of
a CMOS gate is estimated. Finally we conclude in Section 7.
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2. GATE OPERATION DURING TRANSISTOR CHAIN CONDUCTION

Since NAND/NOR gates consist of parallel and serial combinations of transistors, each of these structures
has to be treated and modelled accordingly. It has been found that parallel connected transistors can be
modelled with su$cient accuracy by an equivalent transistor with its width equal to the sum of all transistor
widths. That is because parallel transistors operate under the same conditions (in case they receive the same
input), and the resulting equivalent transistor also operates under the same conditions and therefore its
current is the sum of all transistor currents. However, serially connected transistors present a higher
complexity due to the multiple nodes and the di!erent mode of operation of the transistors. First, the
conducting behaviour of an nMOS transistor chain within a NAND gate will be examined (Figure 1(a) where
the pMOS transistors have been replaced by an equivalent one), when the output load of the gate is
discharged through the chain. Charging through a pMOS chain is symmetrical. Let us assume that a rising
input ramp with input transition time q is applied to the gates of all transistors:
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In order to take into account the carrier velocity saturation e!ect of short-channel devices, the a-power law
model2 is used for the transistor currents:
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where <
SB

is the source-to-substrate voltage.
While the input is applied and assuming that the internal node capacitances (shown in Figure 1(a) are

initially discharged, the topmost transistor in the chain (M
n
) begins its operation in saturation mode and then

enters the linear region when its <
DS

"<
D-SATN

. The rest of the transistors operate in the linear region
without ever leaving this region.11 For the time interval during which the topmost transistor is in saturation
and the input is rising, its current and consequently the voltages at the internal nodes are increasing. When
the input reaches <

DD
and until the topmost transistor exits saturation, its current and therefore the internal

node voltages remain constant. That is because a further increase of the internal node voltages would
decrease the gate-to-source voltage (<

GS
) of the topmost transistor and therefore its current, leading in

a decrease of the node voltages. On the other hand a decrease of the node voltages would increase the <
GS

of
the topmost transistor and consequently its current, leading in an increase of the internal node voltages.
Therefore, these voltages remain constant until the topmost transistor exits saturation. During this time
interval the parasitic currents due to drain/source node capacitances and gate-to-drain/source coupling
capacitances are eliminated because the voltages at the corresponding nodes remain constant. Therefore,
during this state, which is known as the &plateau' state,10 the same current #ows through all transistors in the
chain. According to the previous analysis, the plateau state is apparent only for fast input transitions
(Figure 2). Fast and slow inputs are determined according to the position of the time point, t

2
, when the top

transistor in the chain exits saturation: in case t
2
(q, the input is slow, otherwise it should be considered fast.
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Figure 1. (a) NAND gate and (b) equivalent NAND gate with a two transistor equivalent circuit replacing the chain. The parasitic
internal node capacitances are also shown

Figure 2. Output and source voltage waveform of the topmost transistor in the nMOS transistor chain of the gate in Figure 1(a), for (a)
fast and (b) slow input ramp
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In order to calculate the plateau voltage at the source of the topmost transistor in the chain, <
1
, let us

consider the circuit of Figure 1(a). Although the analysis here refers to fast input ramps where the plateau
state appears, the derived results are also valid for slow inputs. A "rst approximation is used for the width
=

"%2
of the equivalent transistor M

"%2
in Figure 1(b), which replaces all non-saturated transistors of the chain

and is given by
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The plateau voltage, <
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, occurs at the end of the input ramp (<
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) when the discharging current ceases

to increase. Thus, <
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can be calculated by setting the saturation current of transistor M

6
in Figure 1(b) equal

to the current of the bottom transistor (M
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) which operates in linear mode:
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The above equation can be solved for <
1

with very good accuracy using a second-order Taylor series
approximation for the left term of the equation.

In the following analysis the source voltage of the topmost transistor in the chain, <
M
, is considered linear

for the interval between time t
1
, where the chain starts conducting and time q (fast inputs) or time t

2
(slow

inputs) where the top transistor exits saturation. This observation is based on SPICE simulations and leads
to highly accurate results (Figure 2). Time points t

1
, t

2
are calculated in Sections 3 and 4, respectively. Since

time t
1

and <
M
[t

1
] are estimated (see Section 3) and for fast inputs the plateau voltage occurs at time q, the

slope of <
M

can also be estimated. For slow inputs the slope of <
M

can be calculated in a similar way:
Although for slow inputs the plateau voltage is not present, it has been found that if in a chain which receives
a slow input the output load is increased, the slope of <

M
remains almost the same. Therefore, considering

a su$ciently larger load capacitance, the input would become fast,<
1
would occur at time t"q and would be

calculated as previously by equation (5). Since the slope remains unchanged, the calculated slope is valid for
the initial load as well. The independence of <

1
on the load capacitance which is required in order for the

previous proposition to be valid, is obvious from equation (5). It should be mentioned that the derivation of
an expression for the voltage waveform at the source of the topmost transistor in the chain is the key point in
analysing a CMOS gate.

In addition, all internal nodes of the chain are considered to be discharged at time t"0. In case some of
the internal nodes are initially charged, the output waveform of the gate which will result by the proposed
method should be appropriately shifted,10 since the charges in the internal nodes cause an additional delay in
the output response.

3. STARTING POINT OF CONDUCTION

In a transistor chain with initially discharged internal nodes and the same input applied to the gates of all
transistors, the closer to the output transistors start conducting later because of a gradual increase in their
source and threshold voltage. The starting point of conduction of the chain which is actually that of the
topmost transistor, is estimated in this section. A "rst approach for the calculation of the starting point of
conduction has been presented in Reference 7. This method is improved in this work and more accurate
results are derived.

Let us consider the example of a six transistor chain with all internal nodes initially discharged, where the
same input is applied to all transistors. Figure 3 shows a representation of the drain voltages of the "ve lower
transistors together with the common input. Because of coupling capacitance between transistor gates and
the drain/source nodes, drain voltages tend to follow the input ramp until all lower transistors start
conducting. Initially, the transistors are in the cut-o! region and the coupling capacitance is calculated as the
sum of the gate-to-source and gate-to-drain overlap capacitances of the upper and lower transistors
respectively, in each node. These overlap capacitances are given by C

07%3-!1
"C

M
"=[C

'$0
#C

'40
] where
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Figure 3. Intermediate node voltage waveforms until the transistor chain starts conducting

= is the transistor width and C
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are the gate-to-drain and gate-to-source overlap capacitances per
micron which are determined by the process technology. Until the time when the transistor below the ith
node starts conducting, the voltage waveform of that node, <

i
[t], as it is isolated between two cut-o!

transistors, is derived by equating the current due to the coupling capacitance of the node, I
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charging current of the parasitic node capacitance I
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After the time at which all transistors below the ith node start to conduct (t
si
) and until the time at which

the complete chain starts to conduct (t
1
), this node is subject to two opposite trends. One tends to pull the

voltage of the node high and is due to the coupling capacitance between the input and the node and is intense
for fast inputs and high coupling to node capacitance ratio. The other tends to pull its voltage down because
of the discharging currents through all lower transistors and is more intense for nodes closer to the ground.

When a transistor starts to conduct, e.g. transistor di, it operates initially in saturation. Therefore, since its
gate-to-drain coupling capacitance is very small, the second (except for the case of very fast inputs) from the
above mentioned trends dominates after time t

si
and the voltage at node i decreases. This continues until time

t
si`1

when transistor di#1 starts conducting and enters saturation. Transistor di, since its<
GS

continues to
increase after time t

si
while its <

DS
decreases, will enter the linear region close to t

si`1
. From this point on, the

gate-to-source coupling capacitance of transistor di#1 increases by 2
3
C

09
=¸ and the gate-to-drain

coupling capacitance of transistor di increases by 1
2
C

09
=¸. Because of this increased coupling capacitance at

the ith node, the two previously mentioned trends after time t
si`1

are almost counterbalanced and for
simplicity the node voltage is considered constant and equal to its value at t

si`1
. This observation has been

veri"ed by SPICE simulations. The node voltages start to rise again when the complete chain starts
conducting at time t

1
. Additionally, the slope of the voltage waveform during [t

si
, t

si`1
] is considered the same

for each node and the voltage expression of node 1 during this interval can be calculated by solving the
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di!erential equation which results from the application of Kirchho!'s current law at node 1 (Figure 4):
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According to the above analysis, the time point at which the di transistor in the chain starts conducting

can be found by solving
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which results in the following recursive expression:

t
si
"q

h
0
#(1#d

0
)A

C
Mi~1

C
Mi~1

#C
i~1

<
DD
q

#rB t
si~1

<
DD

#(1#d
0
) rq

, i*2 (9)

From the above expression, the time at which the chain starts conducting t
sn
"t

1
, can be easily obtained.

Constants h
0
, d

0
result from equation (3) by calculating the Taylor series approximation of the threshold

voltage around <
SB
"<

TO
for higher accuracy in this region. According to the previous analysis, the starting

point of conduction of the transistor chain can be calculated with very good accuracy as shown in Figure 5

Figure 4. Currents at the ith node of the transistor chain during [t
si
, t

si`1
]
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Figure 5. Comparison between the simulated and calculated starting point of conduction for several input transition times and for (a)
4-transistor chain and (b) 6-transistor chain

which is a comparison between the calculated and the actual time t
1

as it is obtained from SPICE
simulations.

4. OUTPUT WAVEFORM ANALYSIS

The operation of the NAND gate during discharging of the output load is examined in this section. The
output waveform of the NAND gate shown in Figure 1(a) will be extracted when the input of equation (1) is
applied. The case of a NOR gate during charging of the output load is symmetrical. Although many cases can
be considered according to the relative times when the topmost transistor in the chain and the pMOS
transistor exit and enter saturation respectively, one case, the most common, will be presented for the sake of
simplicity. The output waveform expression can be found for each of the following operating regions by
solving the di!erential equation at the output node of the gate:
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The coupling capacitance between input and output, C
M

(Figure 1(a)), for each region is calculated taking
into account the mode of operation of the pMOS and nMOS transistors attached to the output node.20

Region 1. 0)t(t
1
: The transistor chain is cut-o! and the pMOS transistor operates in the linear region.

Equation (10) can be written as
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In order to solve the above di!erential equation, <
*/

in the term that is powered to a
p
/2 should be

approximated by its value at t
1
/2. The solution of the di!erential equation is
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A small voltage overshoot appears at the output node which is due to the coupling capacitance C

M
, and

during this overshoot current is #owing through the pMOS transistor towards <
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.
The minimum value for the pMOS transistor current occurs at t"t

1
(Figure 6) and is given by
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: After time point t
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the topmost transistor in the chain operates in saturation and the

pMOS transistor in the linear region. According to SPICE simulations, the pMOS current can be approxim-
ated with very good accuracy by a linear function i
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Figure 6. Representation of the pMOS transistor short-circuit current
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The above equation can be solved for <
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as a function of c
1
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"f (c
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Since the exact expression for the pMOS current is known, the approximated current expression can be set
equal to the exact expression for one point in this region (e.g. t
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The calculated value for c
1

can be substituted in (15) in order to calculate the output voltage expression in
this region.

The time point t
s}p

when the pMOS transistor enters saturation is obtained by equating the drain
saturation voltage of the pMOS transistor to its actual drain-to-source voltage:
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Now, the maximum value for the pMOS transistor current can be found as
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which has the solution

<
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C
L
#C

M
C(r1#C

M
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r
2
2

t2#g[t]D#C[3] (21)

The time limit t
2

of this region, when the topmost nMOS transistor exits saturation, can be found by solving

<
D-SATN

"<
DSn

N

k
sn

k
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*/
!h!(1#d)<

M
)an@2"<

065
!<

M
(22)

384 S. NIKOLAIDIS AND A. CHATZIGEORGIOU

Copyright ( 1999 John Wiley & Sons, Ltd. Int. J. Circ. ¹heor. Appl., 27, 375}392 (1999)



Region 4. t
2
)t(t

p
: The pMOS transistor operates in saturation while all the nMOS transistors in linear

mode. In order to solve equation (10) for this region, the value of the input in the i
n

expression is
approximated by its average value in this region. Additionally, in the i

n
expression the value of the source

voltage of the topmost transistor in the chain is approximated by its value at the beginning of this region.
Since all transistors in the chain operate in the linear region, the transistor chain can be considered as
a voltage divider and <

DS
of the topmost transistor equal to (1/n)<

065
where n is the number of the transistors

in the chain (for equal transistor widths in the chain). According to this, equation (10) can be written as

C
L

d<
065

dt
"i

p
(t)!k

lnA<*/C
t
2
#t

p
2 D!h!(1#d)

n!1

n
<
065
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2
]B

an@2 1

n
<
065

#i
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(23)

resulting in

<
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"

k
5
(C

M
s#r

1
)#r

2
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L
#C

M
)

k2
5

!

r
2
t

k
5

#C[4]e~(k5@(CL`CM))t (24)

where

k
5
"k

ln C
s(t

2
#t

p
)

2
!h!(1#d)

n!1

n
<
065

[t
2
]D

an@2 1

n

Region 5. t
p
)t(q: The input is still in transition and all transistors in the chain operate in the linear

region. The pMOS device is cut-o!. Equation (10) becomes

C
L

d<
065

dt
"!k

lnA<*/C
t
p
#s

2 D!h!(1#d)
n!1

n
<
065

[t
p
]B

an@2 1

n
<
065

#i
CM

(25)

where the same type of approximations with that of the previous region have been made, employing the fact
that all transistors in the chain operate in the linear region. The solution of the di!erential equation in this
region is

<
065

"

C
M
s

k
6

#C[5]e~(k6@(CL`CM)) t (26)

where

k
6
"k

lnA<*/C
t
p
#s
2 D!h!(1#d)

n!1

n
<
065

[t
p
]B

an@2 1

n

Region 6. t*q: The input has reached its "nal value and all other conditions are as in the previous region.
Consequently, equation (10) is the same with that of Region 5, without having to approximate the input
voltage. Its solution is of the form

<
065

"C[6] e~(k7@(CL`CM)) t (27)

where

k
7
"k

lnA<DD
!h!(1#d)

n!1

n
<
065

[q]B
an@2 1

n

The previous analysis has been performed for a speci"c sequence of time points t
s}p

, t
2
, t

p
and q. However

the same methodology is valid for every possible combination of input transition time, transistor widths and
output load (which means di!erent sequence of the above time points), since the di!erential equation at the
output node can be solved in all the resulting regions, if the form of the source voltage of the topmost
transistor is treated as in this paper.
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In Figure 7, a comparison of the output voltage which is calculated according to the previous analysis to
that obtained by SPICE simulations is shown for a 4-input NAND gate with =

n
"8 lm, =

p
"3 lm,

C
L
"100 fF and a 0)5 lm HP technology for two input transition times.
Once the output voltage expression for each region is known, the propagation delay of a CMOS gate can

be calculated as the time from the half-<
DD

point of the input to the half-<
DD

point of the output. Using this
de"nition analytical expressions have been developed and propagation delay was calculated for
NAND/NOR gates with several con"gurations and input transition times. It was observed that in all cases
the calculated propagation delay is very close to SPICE simulation results. In Figure 8, a comparison of
calculated and simulated propagation delay values is shown for a 4-input NAND gate with =

n
"8 lm,

=
p
"3 lm, C

L
"100 fF and a 0)5 lm HP technology for several input transition times. In the same "gure

the propagation delays which are obtained when the gate is replaced by an equivalent inverter using
conventional width reduction are also shown. The superiority of the proposed method is obvious.

It should be mentioned that in case the inputs which are applied to the gate are not normalised, that is if
they do not have the same starting point and equal transition times, an input mapping algorithm should be
applied in order to map all inputs to a set of equivalent normalised ones. Such an algorithm has been
proposed in Reference 16 and presents high accuracy for a wide range of input transition times and relative
distances in time of their starting points.

5. MODELLING THE PARASITIC BEHAVIOUR OF THE TRANSISTOR CHAIN

In this section the parasitic operation of an nMOS transistor chain, i.e. during charging of the output load of
a NAND gate, is examined. The parasitic behaviour of the chain results in a short-circuit current which
reduces the rate of charging of the output load.

Figure 7. Output voltage comparison between calculated and simulated results for a 4-input NAND gate and (a) q"1 ns and (b)
q"3 ns

386 S. NIKOLAIDIS AND A. CHATZIGEORGIOU

Copyright ( 1999 John Wiley & Sons, Ltd. Int. J. Circ. ¹heor. Appl., 27, 375}392 (1999)



Figure 8. Propagation delays for a 4-input NAND gate measured using SPICE and calculated values using the proposed approach and
that based on the conventional equivalent inverter, for several input transition times

Let us consider a NAND gate where all pMOS transistors have been replaced by an equivalent one as
previously. The parasitic behaviour of the nMOS transistor chain will be modelled by an equivalent
transistor. Consequently, according to the proposed method, in the case of charging output, the NAND gate
diminishes to an equivalent inverter and the corresponding formulas can be used in order to calculate the
output waveform, the propagation delay and the short-circuit power dissipation. A falling ramp input with
transition time q is considered to be applied to the gates of all transistors:

<
*/
"

i
g
j
g
k

<
DD

, t(0

<
DD

!

<
DD
q

t , 0)t)q

0, t'q

(28)

The pMOS device starts conducting when the input reaches the threshold voltage (<
*/
"<

DD
!D<

TPO
D) at

time t"t
&1

. From this time on, current is #owing through the pMOS device and the load capacitance
C

L
charges. Since the nMOS devices are on when the pMOS transistor starts conducting, a short-circuit

current is #owing through the gate from <
DD

to the ground until time t
&/

(t
&/
+((<

DD
!<

TN
)/<

DD
) q) when the

nMOS transistors cease to conduct. First, because the output voltage is small while the gate-to-source
voltage of the NMOS devices is large, all these transistors start their operation in linear mode. As the output
voltage rises, the voltages at the internal nodes of the chain are also increasing. All nMOS transistors have
almost equal<

DS
(voltage divider) while the topmost is biased by the smallest<

GS
(since its source voltage has

the largest value from all internal nodes). This means that this transistor at some time point will enter
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saturation and after this time, the current in the chain will decrease and consequently the voltages at the
internal nodes of the chain will also decrease, keeping all other devices in linear mode.

A signi"cant amount of the parasitic current is also #owing through the coupling capacitances between the
gates of the nMOS transistors and the corresponding drain/source di!usion areas. In order to perform an
accurate modelling of the gate when the chain behaves parasitically, an equivalent capacitance that would
draw the same current as the coupling capacitances at all nodes of the chain has to be inserted between the
input terminal and the output node of the corresponding nMOS transistor in the equivalent inverter.
Although the dual operation of the topmost transistor is also present during the parasitic operation of the
chain, conventional estimation of the width of the equivalent transistor as=

%2
"=/n, for equal transistor

widths, (= is the width of the transistors in the chain) has been found to give su$ciently accurate results if the
e!ect of the parasitic capacitances is modelled properly.

Since the pMOS transistor starts its operation in saturation, the output load will start to be charged by
a current of the form I

s
"k

s
(<

GS
!D<

TP
D)a. If we ignore the parasitic contribution of the nMOS transistor

currents, the rate of the output voltage increase during [t
&1
, t

4!5
] is given by

C
L

d<
065

dt
"I

s
(t)N

d<
065

dt
"

I
s
(t)

C
L

"Ic(t) (29)

where t
4!5

is the time when the top transistor in the nMOS transistor chain enters saturation and is
approximated by 1

2
(t
&1
#t

&/
). It should be mentioned that the pMOS transistor until time t

4!5
operates in

saturation, since the time point when it exits saturation for most of the cases is larger than t
4!5

. Considering
the whole chain as a voltage divider for the interval t

&1
to t

4!5
, the slope of each internal node voltage can also

be calculated assuming a uniform distribution of the output voltage slope.
The current that each coupling capacitance is drawing during time interval [t

&1
, t

4!5
] is equal to

I
i
"C

Mi

d(<
i
!<

*/
)

dt
"C

Mi A
i ) Ic

n
#sB (30)

where n is the number of the transistors in the chain, s is the slope of the input and i Ic/n the slope of the
voltage waveform at the internal node i assuming equal transistor widths.

By summing the currents through all coupling capacitances of the chain and equating the sum with the
current that must #ow through the equivalent coupling capacitance (C

M%2
) of the equivalent transistor, C

M%2
is

obtained:
n
+
i/1

I
i
"C

M%2
(Ic#s) (31)

A constant value for C
M%2

can be obtained if an average value for Ic(t) is calculated by integrating the pMOS
current I

s
over [t

&1
, t

4!5
]. This value corresponds to the average slope of the output voltage waveform until t

4!5
.

When the node voltages are decreasing during [t
4!5

, t
&/
], the equivalent coupling capacitance can be found

in a similar way. By symmetry, the same slope (with opposite sign) results for the voltage waveforms of the
internal nodes.

Setting

c
r
"II c"

1

t
4!5
!t

&1
P

t4!5

5&1

I
s
(t)

C
L

dt,

the equivalent coupling capacitance for the two time intervals can be written as (assuming equal coupling
capacitances)
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] (33)
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If the contribution of the gate-to-drain coupling capacitance of the topmost transistor in the chain is
neglected during [t

&1
, t

4!5
] and the average slope of the output node is taken equal to the input waveform

slope (with opposite sign) the above equivalent capacitances diminish to

C
M%2

"C
M

3 (n!1)

4
, [t

&1
, t

4!5
] (34)

C
M%2

"C
M

n!1

4
, [t

4!5
, t

&/
] (35)

which express directly their dependency on the number of transistors in the chain.
The improvement that is gained by inserting this coupling capacitance to the equivalent inverter model of

a gate is signi"cant as shown in Figure 9 which is a comparison of the output response of a 4-input NAND
gate and that of the corresponding equivalent inverter with and without the calculated coupling capacitance.

It should be mentioned that in case the applied inputs to the parallel transistors, when these transistors
drive the conducting current in a gate, are non-normalized, a mapping algorithm such as the one proposed in
Reference 21 can be employed in order to map the applied input ramps to an equivalent normalized ramp
that will be applied to the single equivalent transistor. Whenever a mapping algorithm is used for the inputs
of the conducting part of a gate, the resulted input ramp should be applied to the transistor which replaces
the short-circuiting part of the gate as well.

6. ESTIMATION OF THE SHORT-CIRCUIT POWER DISSIPATION

During the output switching of a gate and while both nMOS and pMOS transistor blocks are conducting,
a path from <

DD
to ground exists and causes short-circuit power dissipation. Short-circuit current and thus

Figure 9. Output waveform comparison between the complete gate and the equivalent inverter with and without the equivalent
coupling capacitance
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short-circuit power dissipation appears during both charging and discharging of the output node of a gate.
For complex CMOS gates these two cases (charging-discharging) are not symmetrical and consequently
di!erent approaches have to be followed for each one of them. Considering for a NAND gate the case of
charging the output node, when the transistor chain operates parasitically, an equivalent inverter has been
derived which models with high accuracy the behaviour of the gate. In order to estimate the short-circuit
energy dissipation, Ec

4#
, the corresponding formulas of the CMOS inverter can be directly applied.1}4 In

Figure 10 a comparison between the short-circuit energy dissipation of a 4-input NAND gate (=
n
"8 lm,

=
p
"3 lm, C

L
"100 fF and 0.5 lm HP technology) when the nMOS transistor chain operates parasitically

to that of the equivalent inverter is shown. The obtained accuracy is obvious.
For the case of discharging the output node, a method for calculating the short-circuit energy dissipation,

Ed
sc
, based on the analysis presented in Section 4, is proposed. The short-circuit energy dissipation begins

when current starts #owing from <
DD

towards the source node of the pMOS transistor at time point
t
s
because until then no current path exists from <

DD
to ground.

In Section 4 the pMOS current was assumed linear during [t
1
, t

s}p
] and [t

s}p
, t

p
] and the current expression

for each of these intervals was found. However, the current that is causing the short-circuit power dissipation
is not the pMOS transistor current but the current that is #owing from<

DD
towards the source of the pMOS

transistor (i
sp
). In order to calculate this current, the Kirchho!'s current law has to be applied at the source

node of the pMOS transistor (Figure 1a), which gives

i
sp
"i

p
!i

GSp
(36)

i
GSp

is the current through the gate-to-source capacitance C
GSp

and is given by i
GSp

"C
GSp

d<
*/
/dt. Since the

input slope and i
p
are known, the form of i

sp
and time points t

s
and t

e
, when i

sp
starts and ceases #owing from

<
DD

to ground (i
sp
"0), can be obtained. The dissipated short-circuit energy during output discharging is

calculated as

Ed
4#
"<

DDP
te

ts

i
sp
(t) dt (37)

The calculated energy for a single output transition according to the above method lies very close to the
energy which is measured from SPICE simulations. In Figure 11 a comparison of the calculated and

Figure 10. Comparison between short-circuit energy dissipation of a 4-input NAND gate and its equivalent inverter, when the
transistor chain acts parasitically (falling input ramp), for several input transition times
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Figure 11. Comparison between calculated short-circuit energy dissipation during output discharging and that measured using SPICE
for a 4-input NAND gate and for several input transition times (rising input ramp)

simulated short-circuit energy values during output discharging is shown for a 4-input NAND gate with
=

n
"8 lm,=

p
"3 lm, C

L
"100 fF and a 0)5 lm HP technology for several input transition times. Using

SPICE, the short-circuit power dissipation can be obtained by integrating the current at the source terminal
of the pMOS transistors or by using a power meter.22

Consequently, the short-circuit energy dissipation during a complete transition at the output node
[0P1P0] is E

4#
"Ec

4#
#Ed

4#
and the corresponding power can be calculated simply by multiplying the

calculated energy with the frequency of transitions at the output of the gate.
According to the proposed method the output waveform, propagation delay and short-circuit power

dissipation can be calculated for NAND/NOR gates. Complex gates can be treated by collapsing them to the
equivalent NAND/NOR gates using algorithms such as the one proposed in Reference 15.

7. CONCLUSIONS

In this paper a complete modelling technique for the calculation of the propagation delay and the
short-circuit power dissipation of CMOS gates has been presented. The proposed method examines the gate
operation during output charging and discharging and takes into account second order e!ects such as the
carrier velocity saturation of short-channel devices, the body e!ect and the coupling capacitance and is
developed for non-zero transition time inputs. The starting point of conduction of a gate is e$ciently
calculated and the parasitic behaviour of the short-circuiting part of a gate is accurately modelled. In case the
conducting path consists of serially connected transistors, the output waveform has been obtained through
an analytical approach which leads to expressions for the estimation of the propagation delay and the
short-circuit power dissipation. In case the conducting path consists of parallel connected transistors an
equivalent inverter model is proposed and the corresponding formulas which have been developed for
the inverter can be applied. The calculated results for the output waveform, the propagation delay and the
short-circuit power dissipation match very well SPICE simulation results.
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